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(Khong ké thoi gian phat d&)

x(\/x+4\/x—4 +\/x—4\/x—4)
Jx2—8x+16
a)Rut gon A.Tim X dé A dat gia tri nho nhat.

Bai 1: Cho A= véi X>4.

b) Tim cac gia tri nguyén ctia X dé A co gia tri nguyén.

3xy —3x—-3y =3
4% -12X* +9x =—y* + 6y +7 "

Bai 2: Giai hé phuong trinh: {
Bai 3: Ching minh rang A=1°+2°+3%+...+100° chia hét cho B=1+2+3+---+100.

Bai 4: Tim s canh cia mot da giac, biét s6 duong chéo hon s6 canh 1a 7.

Bai 5: Cho tam giac déu ABC c6 canh bang a. Goi dudng vudng goc tir diém M nam trong tam giac

1 1 1
+—t
MD ME MF

dén cac canh BC,CA, AB lan luot a4 MD, ME, MF. Xac dinh vi tri diém M dé

dat gia tri nho nhat. Tinh gia tri do.

Bai 6: Cho hai duong tron (O;;R,) va (O,;R,) cét nhau tai 2 diém A, B. Mot dudng thing (d) bat ky
qua A cit (O;R,) va (O,;R,) lan lugt tai M,N . Tiép tuyén tai M ciia (O;;R;) va tiép tuyén tai N
cua (02; Rz) cit nhau tai | . Tim gia tri 16n nhat ciia ban kinh duong tron ngoai tiép tam giac IMN khi

(d) quay quanh A.

- HET ---



HUONG DAN GIAI

(v adx =4 4-fx-ax=4)

Jx2 —8x+16
a) Rat gon A.Tim X dé A dat gia tri nho nhat.
b) Tim cac gi4 tri nguyén cia X dé A co gid tri nguyén.
Loi giai:

Bail: Cho A= vol X>4.

a) Voi x>4,tacod

x(\/x+4«/E+\/x—4M) X(\/ 2)z+\/(m 2 j
Jx2-8x+16 ) x—4)"

x(‘ﬂ+2‘+‘ﬂ—2‘)_x(«/ﬁ+2+‘«/xT—2‘)

A=

|x—4| - x—4
. X(VX—4+2+/x—4-2
*Néu Xx—4-2>0c x>8 thi A= ( ): 2x_
x—4 X—4
. X(VX—4+2—x—4+2
*Néu VX—4-2<04<x<8 thi A= ( )z ax
X—4 X—4
2X .
néux=>8
Suyra A= “4X_4
X n€ud<x<8
X—4
: 2x  2(x-4)+8 8
+ Vo1 Xx>8 thi A= = =2UX—-4 + >2 [2X—4.
Jx—4  x-4 J —4 J x—4
Dau “=" xay ra khi va chi khi x=8.
4 X—4)+16
FV6i d<x<8thi A= P A6, 16, 16 o
’ X—4 x—4 x—4 8-4
Vay gia tri nho nhat ctia A 1a 8, dat duoc tai X =8.
b) + Néu 4<x<8 thi P=—2X —44 10
X—-4 X—-4

Vi x nguyén, @& P nguyén thi x — 4 1a wéc cua 16, nhung vi 4 < X <8 nén
0<x—4<4 =x—4e{l;2}
Suyra: x e {5;6}.

2X

+Néu x>8 thi P= .
X—4

Vi x nguyén, dé P nguyén thi X —4 =k (ke N*) suyra X=Kk?* +4.

2(k? + 4) 8

Do do P = =2k +—

P nguyén thi £ 1a u6c ciia 8, ma k >2 (vi X>8) nén k  {2;4;8}




Suy ra: x e {8;20;68}.

Vay véi x e {5;6;8;20;68} thi P nhén gia tri nguyén.

3xy—3x-3y=3
Ax° —12X* +9x=—y* + 6y +7
Loi giai:

Bai 2: Giai hé phuong trinh: {

_ [3xy—-3x-3y=3 (1)
Tac 2 ) s .
4x° —12x* +9x =—y’ +6y+7 (2)
T (2) < 4x3-12x* +9x =y’ +6y+3+4
<A —12X° +9x =—y* + 6y +3xy —3x—3y + 4
& 4x% —12X° +12x—4=—y° +3xy + 3y
<:>4(x3—3x2+3x—1):—y3+3y(x+1)

<:>4(x—1)3:—y3+3y(x+1). (*)
Tu (1) & xy—x—y=1< x+1=xy—-y < x+1=y(x-1). Do d6
(*) @ 4(x-1)" =—y* +3y?(x-1). )

Nhan thiy y =0 khong phai 1a nghiém ctia hé phuong trinh nén chia 2 vé cta phuong trinh (**) trén

cho y?, ta duoc

3
(+%) @4("—_1} _ 143X (F*¥)
y y
9 x-1 . N
bat t =——, phuong trinh (**%*) tr¢ thanh
y
t=-1
4° =-1+3t < 4° -3t +1=0 < (t+1)(4t° —4t+1) =0 L1
2
# Vi t=—1= X1 = 1= x_1=—y > y=1-X. Thé vao phuong trinh (1), ta duroc
y
X(1-X)—x—(1-x) =1 —x*+x—2=0 (v6 nghiém).
*Véi t:%:X—_]':%: 2X—2 =y . Thé vao phuong trinh (1), ta duoc
y
5++/17 1+17
T VT
X(2x-2)—x—(2x-2)=1<2x*-5x+1=0 < .
(2x=2)=x-(2x-2) s iT_ 14
4 2
Vay h¢ phuong trinh c6 nghiém (X; y)e{(S_’_;/ﬁ;l-'_;/E]{s_:‘r/ﬁ;l_;/ﬁ]}.



Bai 3: Chimg minh rang A=1%+2%+3°+...4+100° chia hét cho B=1+2+3+---+100.
Loi giai:
(1+100).100

Tacdo B=1+2+3+---+100= =101.50.

Nhu vay dé A chia hét cho B thi ta di chimg minh A vtra chia hét cho 101, vira chia hét cho 50. That
va
*.)};ét A=1+2°+3+..-+100°

= (1°+100°) +(2° +99°) +(3° +98°) +---+(50° +51°).
Nhan thy 1° +100° = (1+100)(1* ~1.100+100% ) =101.9901 : 101.
Tuong tu, cac tong con lai déu chia hét cho 101 nén A :101. (D)
*Xét A=1°+2°+3%+...+100°

=(1°+99°)+(2°+98°)+(3° +97°) +---+(49° +51°) + 50° +100°
Nhan thdy 1° +99° = (1+99)(1* ~1.99 + 99 ) =100.9703 : 50.
Tuong tu, cac tong con lai déu chia hét cho 50 nén A 50. (2)
Tur (1) va (2), két hop v6i UCLN(10L,50) =1 nén A (101.50) hay A: B.
Bai 4: Tim s6 canh ctia mot da giac 10i, biét s6 duong chéo hon sb canh 1a 7.

Loi giai:

Gid sir da gidc 10i 6 n canh (n>3).
n(n-3)

Suy ra s6 dudong chéo cia da giac 1a
Theo dé bai, ta c6 phuong trinh:
n(n-3)
2
Vay da giac 16i ¢6 7 canh.

2 n="7 (n)
—n:7<:>n(n—3)—2n:14<:>n -5n-14=0< )
n=-2 (I)

Bai 5: Cho tam giac déu ABC c6 canh bang a. Goi dudng vudng goc tir diém M nam trong tam giac

dén cac canh BC,CA, AB lan lugt 1a MD, ME, MF . X4c dinh vi tri diém M dé L + ! + ! dat
, MD ME MF

gié tri nhd nhat. Tinh gié tri do.

Loi giai:

A

F
E
1 I
Bv H D -C

Goi S,S,,S,,S; lan luot 1a dién tich cua cac tam giac ABC, MBC, MCA, MAB .
Goi h 1a d6 dai chiéu cao cua tam giac ABC . Khi do



1ah lah 1ah
iz Smec _ 2 h S _ Syec_ 2 h .S _ Suec 2 h

= 1 = s — = 1 = va —= = l = .
Sl SAMBC ~a.MD MD Sz SAMCA ~—a.ME ME S3 SAMAB ~“aMF MF
2 2 2

Suy ra i+—+—: + + ay + =—S.| —+—+—|.
S, S, §; MD ME MF MD ME MF h S, S, S

a3 . 1 1 1 243

Laico S=S,+S,+S, va h=—— nén +—t = (S 4S,4S8). | —+—+—|.
2 MD ME MF 3a S

S h h h 1111(111]
hay —+ —

Ap dung bt dang thirc (a+b+C)(§+%+%J >9, ta dugc

(S,+S,+S;). N
Sl SZ S3
L + L + L 22\/5.9:6\/5.
MD ME MF 3a a

Déu “=” xéy ra khi va chi khi —— = =
MD ME MF

Do doé

< MD=ME =MF hay M la tam duong tron ndi
tiép tam giac ABC.

+ L +
MD ME MF

Vay tong dat gia tri nho nhat khi va chi khi M 14 tim dudng tron noi tiép tam giac

ABC.

Bai 6: Cho hai duong tron (01; Rl) va (02; Rz) cit nhau tai 2 diém A, B. Mot dudng thang (d) bat ky
qua A cit (O;R,) va (O,;R,) lan lugt tai M,N . Tiép tuyén tai M ciia (O;;R,) va tiép tuyén tai N
cua (OZ; RZ) cit nhau tai | . Tim gid tri 16n nhat ctia ban kinh dudng tron ngoai tiép tam giac IMN khi

(d) quay quanh A.

Loi giai:




Taco: IMN = MBA (tinh chét goc giita tiép tuyén va day cung).

INM = NAB (tinh chét goc giita tiép tuyén va day cung).
Xét ta giac IMNB , ta co:

MBN = MBA+NBA=IMN + INM =180°—MIN = MBN +MIN =180°.

Suy ra t giac IMNB ndi tiép.
Cac goc AMB va ANB 1a nhitng goc noi tiép chin cung AB cb dinh cua (O; R) va (O;R,) nén
AMB ; ANB khong doi.
Suy raMBN khong d6i nén MIN =180°—MBN khong d6i.
MN

Goi R 13 ban kinh dudng tron ngoai tiép tam giac MIN thi MN =2R.sinMIN =R=————.
2R.sin MIN

Do d6 R 16n nhat khi va chi khi MN 16n nhat. ,
Goi E , F 1a hinh chiéu vuéng goéc cua OO, 1én (d), K 1a hinh chicu vudng goc cia O, 1én O,F
Khi d6: MN =2EF =20,K <20,0,
DAu bang xay ra khi va chi khi EF /0,0, hay (d)//O,0,.
HET=



