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Ciu L. (3,0 diém)

1) Rut gon biéu thirc 4= \/3+2ﬁ —\/3—2J§

2) Tim mdé cac duong thang : y = 2x+4(d),y=3x+5(d"),y=—2mx+m-3(A)
cung di qua mot diém

3) Cho phuong trinh x* —2mx+2m—1=0(m1a tham s6). Tim m dé phuong trinh
c6 hai nghiém duong

Cau I (3,0 diém)

1) Tim x,ynguyén théa man xy+2x+y-1=0

2) Mot cura hang dién may thyc hién chuong trinh khuyén mai giam gia tat ca
cac mat hang 10% theo gia niém yét, va néu hoa don khach hang trén 10 triéu
s€ dugc giam thém 2% s6 tién trén hoa don, hoa don trén 15 triéu s& duoc
gidm thém 4% s6 tién trén hoa don, hoa don trén 40 triéu s& duoc gidm thém
8% 50 tién trén hoa don. Ong An mudn mua mét ti vi voi gia niém yét 1a
9200000dong va mot ti lanh véi gia niém yét 1a 7100000dong. Hoi voi
chuong trinh khuyén mai ctia ctra hang, 6ng An phai tra bao nhiéu tién
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3) Giai h¢ phuong trinh { oy =w
3X° +2y=xp+x

Cau III. (3,0 diém)

Cho tam giac 4BC vudng tai B (BC > 4B)ndi tiép trong dudng tron tam O
duong kinh 4C =2R.K¢é day cung BD vudng goc véi AC, H 1a giao diém cta AC va
BD. Trén HC lay diém Esao cho E dbi xtmg v6i H qua A. Puong tron tim O'
duong kinh EC cit doan BCtai I (I khac C)

1) Ching minh ring CI.CA=CE.CB

2) Chtng minh ring ba diém D, I, E thing hang

3) Chimg minh rang: HI1a tiép tuyén ctiia duong tron dudng kinh EC

4) Khi B thay d6i thi # thay d6i, xac dinh vi tri ciia H trén AC dé dién tich tam
gidc O'IH 16n nhét

Cau IV. (1,0 diém)

1) Tim tat ca cac cip s thuc x, y duong théa mén diéu kién :
V2257 +36xy + 637 +1/6x7 +36xy + 2237 = x* + 37 +32

2) Cho a,b1a cac sb thuc théa man o> +b> =a+b
Chung minh rang : @’ +b* +a’b+ab* < 4




] DPAP AN
Cau I. (3,0 diem)
4) Rut gon biéu thirc 4 :\/3+2\E —\/3—2ﬁ
A=\3+242 —\3-242 =2 +1-42 +1=2
5) Tim m dé cac dwong thang : y=2x+4(d),y=3x+5(d"),y =—2mx+m-3(A)
cung di qua mgt diém
Toa d9 giao diem cua (d),(d")1a 4(-1-2)
bé (A).(d),(d") cung di qua 1 diém o A e (A)

:>—2m.(—1)+m—3:—2©m:;

‘V%/m:%ﬂﬂﬂwadé

6) Cho phwong trinh x* —2mx+2m—1=0(m1a tham s6). Tim m dé phwong
trinh c6 hai nghiém dwong
Phuong trinh x* —2mx +2m—1=0c6 2 nghi¢m duong khi va chi khi

“1Y >0
A=m>-2m+1>0 (m )
P=2m-1>0 & m>; :>m>;
S=2m>0

m>0

Véyrn>%ﬂﬁth6adé

Cau II. (3,0 diém)
4) Tim x,ynguyén théa man xy+2x+y-1=0
xXy+2x+y-1=0& x(y+2)+(y+2)—3 =0 (y+2)(x+l):3
Vi x,ynguyénnén (y+2),(x-1)eUQ3) ={-3;-11;3}
Céc cip s6 nguyén can tim (x50)=(-4-3);(-2;-5);(0;1);(2;-1)
5) Mot cira hang dién may thuc hién chuong trlnh khuyen mai giam gia tit
ca cac mat hang 10% theo gia nlem yet va néu héa don khach hang trén
10 tri€u s€ dwoc giam thém 2% s0 tién trén hoa don, héa don trén 15
triéu sé duwogc giam them 4% s0 tién trén héa don, hoa don trén 40 tri¢u
s€ dugc giam thém 8%s0 tién trén hoéa don. Ong An mudn mua mt ti vi
véi gia niém yeét 1a 9200000 dong va mgt ti lanh véi gia niém yét la
7100000 ddng. Hobi véi chwong trinh khuyén mii ciia cira hang, ong An
~ phai tra bao nhiéu tién , ‘
Tong gia tri 1 chiéc ti vi va 1 chiéc tu lanh 6ng An mua l1a 16300000 dong
S tién 6ng An phai tra khi dugc giam gia 10% 1a :



16300000.90% = 14670000 (d6ng)

Vi s6 tién trén hoa don ctia 6ng An 1a 14700000 (d6ng ) nén dng An duoc giam
thém 2% §6 tién in trén hoa don ‘

Vay s tién 6ng An phai tra 1a 14670000.98% = 14376600 (dong)

2x* —6y" = xy - {(x—2y)(2x+3y): 0

3X° +2y=xp+x 3 +2y =xy+x

6) Gidi h¢ phuwong trinh {

x=2y:>(2)<:>12y2—2y2:O:>x=y=0

x=0=y=0
2x:—3y:>(2)<3 3x° —ﬂxz—%x2+x<:> 7 ~14
3 3 XZH:yzg

Vay nghiém (x;y) la (0;0),(17—1;_3—1;j
Cau IIL. (3,0 diém)

Cho tam gidc 4BC vudng tai B (BC > 4B)noi tiép trong dudng tron tim
O dwong kinh AC =2R Ké diy cung BDvudng goc véi AC, H 1a giao diém ciia

ACva BD. Trén HC lay diém Esao cho E ddi xirng véi H qua A. Puong tron
tam O'dwong kinh EC cat doan BCtail (I khac C)

B

D

5) Chirng minh ring CI.CA=CE.CB
Xét ACIEva ACBAcd LICE chung; ZEIC = ZABC =90°



ClI CE
= ACIE -~ ACBA(g.g) > —=—=CI.CA=CE.CB(d
(&&= p =4 (dfcm)

6) Chirng minh rang ba diém D,/, E thing hang
Ta cod EI L BC (do ZEIC1a gbc ndi tiép chin nira dudng tron ) (1)
Vi BD L ACtai H,va HA= HE,HB = HDnén t gidc 4BED la hinh thoi
Suy ra DE//AB,ma AB 1 BCnén DE 1 BC(2)
Tir (1) va (2) ta c6 3 diém D, E, I thing hang

7) Chirng minh ring: #1712 tiép tuyén cia dwong tron dwong kinh EC
Ta c6 to gidc DHIC nd1 ti€p duong tron duong kinh DC nén ta co
ZBIH = /BDC (=180°— ZHIC)
Lai c6 Z/BAC = ZIEO' (d0ng vi), ZIEO'= /0'IE (tam gidc cin)
Suy ra Z/BIH = Z0'I[Ema /BIH + ZHIE =90°nén ZHIE + Z0"'IE =90°
= HI 1. 0'I'hay HIla tiép tuyen cua (0')

8) Khi B thay doi thi # thay d6i, xac dinh vi tri cia 7 trén AC dé dién tich

tam giac O'/H 16m nhat
Taco:
AC?
, O'I*+HI* O'H* R R’
2y = O'LHI € = == = ‘2‘ = = Som <,
R2
DAu bang xay ra khi ¢ =5 = 01 = i =& (Do 0'1> 0 HI > 0)
O'l =HI V2

R :R(ﬁ—l)

Ta co O'H:R,O'E:O'lzisuy ra AH=HE=R-—

V2 2 2
. R(V2-1)
Vay 4H =

Tthi dién tich tam gidc O'IH 16n nhat

Cau IV. (1,0 diém)
3) Tim tat ca cac cap so thue x, y dwong théa min dieu Kién :
V2257 4361y + 617 +1/6x7 +36xy+22y% = x* + 7 +32
Taco: 22x* +36xy+6)° = (5x+3y)2 —3(x—y)2 < (5x+3y)2

= \22x> +36xy + 6)° < 5x+3y(do X,y duong)
Tuong ty ta co :
6x° +36xy+22y° = (3x+5y)2 —3(x—y)2 < (3x+5y)2

:>\/6x2 +36xy +22y° < 3x+5y,(x,y >0)



Vay /222 +36xy+6)7 +4/22x> +36xy+6)* < 8(x+y)(1)
Tacd: (x—4) +(y—4) >0(Vx,y)
& X -8x+16+)" -8y +16>0& x* +° +322 8(x+y)(2)

VAy /2257 +36xy+6)” +4/6x7 +36xy+22y% = x> + > +32<> x= y =4

4) Cho a,bla cac s0 thue théa man o’ +b* =a+b

~ Chirng minh ring : @’ +b° +a’b+ab> < 4 ‘
Neu a+b=0=a’+b*=0= a=b=0, khi d6 bdt can chimg minh ding
Néu a+b#0=a+b=a’+b>>0.Tacd:

2 2
a’+b*> (a-;b):a+b2 (a-;b)@2(a+b)2 (a+b)2 =a+b<2
Taco @’ +b* +a’b+ab’ :(a+b)(a2 —ab+b2)+ab(a+b)=(a+b)2
VioO<a+b< 2:>(a+b)2 < 4(a’fcm)



